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A simple theory of tribovoltaics is proposed by using a quantum mechanical model of energy release
due to sliding-induced bonding between the surfaces of a p-doped semiconductor and a n-doped semicon-
ductor. The energy release in forming a bond may lead to the excitation of electron-hole pairs at the p-n
semiconductor interface if the released energy is higher than the effective band gap at the semiconduc-
tor interface. An expression for the generated current as a function of the relative sliding speed between
the p and n sides is suggested and used to model current transport by solving the complete set of drift-
diffusion equations with appropriate boundary and initial conditions. Analytical results are obtained and
verified numerically using the COMSOL finite-element-method software. It is shown that since the typical
time period associated with periodic sliding is many orders of magnitude higher than the carrier lifetimes,
the time-dependent variations in the electron and hole concentrations and the current density follow the
time variation of the sliding speed. Since the electron-hole pair generation occurs near the semiconductor
interface only, the current density is shown to be constant as a function of position even if the sliding speed
changes in time.
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I. INTRODUCTION

The search for new types of green and energy-efficient
harvesting mechanisms continues at a high pace due
to the shortage of fossil energy and global climate
change. Triboelectric nanogenerators (TENGs) are impor-
tant green-harvesting candidates. Here, the traditional lay-
out (ac TENGs) is that two or more dielectric layers
move with respect to one another in a periodic fash-
ion, generating alternating currents by virtue of a time-
changing electric displacement [1–7]. A new type of
TENG, the dc TENG, has been proposed recently, where
the sliding of two materials leads to the generation of
electron-hole pairs at the interface due to energy release
from bonding formation between surface states associ-
ated with the isolated sliding materials [8–12]. Many
designs of dc TENGs have been suggested based on,
e.g., semiconductor-semiconductor, metal-semiconductor,
semiconductor-insulator-semiconductor, and metal-
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insulator-semiconductor structures [13]. For doped p-n
semiconductor structures, the generated electrons and
holes are accelerated in opposite directions by the built-in
electric field, independent of the sliding speed and the slid-
ing direction. The generated current is therefore dc. The dc
TENGs fill an important gap in the portfolio of existing
harvesting devices due to their generation of high-current-
density (dc) output signals and simple structure designs.
While experimental realizations of dc TENGs have been
demonstrated recently, the theoretical understanding of the
mechanism behind electron-hole pair generation due to
sliding is still not well understood [14–17].

At the present time, the numerical and analytical solu-
tions of drift-diffusion equations receive much attention
in, e.g., the study of organic semiconductors [18–21]
and solar-cell applications [22,23]. Many of the recent
applications [24] are based on classical semiconductor
drift-diffusion numerical methods [25–27].

We propose a simple quantum mechanical model for
the energy release in forming bonds between two surface
states associated with the isolated materials. With a cer-
tain efficiency, if the energy released in forming bonds (the
energy quantum is known as the “bindington”) is higher
than the effective band gap at the semiconductor inter-
face between the sliding materials, electron-hole pairs may
be excited. This effect is modeled in the current transport
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equations by the use of a carrier-generation term described
by a delta function at the semiconductor interface. The
output dc current is calculated analytically and verified
numerically using the COMSOL finite-element software for
the case of a general time-dependent sliding speed.

II. SEMICONDUCTOR p-n EQUATIONS

The tribovoltaic effect is well known, yet the theory is
not fully understood [8–11]. A one-dimensional theory is
proposed for the current generation due to tribovoltaics
based on the semiconductor equations applied to p-n struc-
tures (Figs. 1 and 2). The three differential equations are the
Poisson equation and the two current continuity equations,

∂2φ

∂x2 = −ρ
ε

, (1)

∂n
∂t

= 1
q
∂Jn

∂x
+ Gn − Rn, (2)

∂p
∂t

= −1
q
∂Jp

∂x
+ Gp − Rp , (3)

where n and p are the electron and hole concentrations, φ
is the electrostatic potential, Jn (Jp) is the electron (hole)
current density, Gn (Gp) is the electron (hole) generation
rate, Rn (Rp) is the electron (hole) recombination rate,
ρ is the charge density, and ε is the material permittiv-
ity. Variables x and t are the spatial and time coordinates,
respectively, and q is the positive elementary charge. Using
a drift-diffusion current-density-model assumption,

Jn = qDn
∂n
∂x

+ qμnnE , (4)

Jp = −qDp
∂p
∂x

+ qμppE . (5)

Eqs. (1)–(3) become [28]

∂2φ

∂x2 = q
ε
(NA(x)− ND(x)+ n − p) , (6)

∂n
∂t

= nμn
∂E
∂x

+ μnE ∂n
∂x

+ Dn
∂2n
∂x2 + Gn − Rn, (7)

∂p
∂t

= −pμp
∂E
∂x

− μpE ∂p
∂x

+ Dp
∂2p
∂x2 + Gp − Rp , (8)

where E = −∂φ/∂x is the electric field, NA (ND) is the
acceptor (donor) concentration, μn (μp) is the electron
(hole) mobility, and Dn (Dp) is the electron (hole) diffu-
sivity. In writing these equations, we have assumed that
the materials forming the p and n sides are the same
except for differences in the doping concentrations as indi-
cated in Eq. (6) by writing NA(x) and ND(x). The driving
mechanism behind tribovoltaics originates from generation

rates Gn and Gp , which depend on the nature of contact
electrification. This model will be examined in Sec. III.

The above set of equations constitutes three second-
order differential equations in space. Hence, for each
dependent variable n, p , and φ, two boundary conditions
are required [28],

p side: p(x = xL) = NA, n(x = xL) = n2
i

NA
,

φ(x = xL) = 0, (9)

n side: n(x = xR) = ND, p(x = xR) = n2
i

ND
,

φ(x = xR) = φbi − Vapl, (10)

where ni is the intrinsic carrier density, Vapl is the applied
voltage, and φbi is the built-in potential,

φbi = kBT
q

ln
(

NAND

n2
i

)
, (11)

where T is the temperature and kB is Boltzmann’s con-
stant. Subject to the initial values of n, p , and φ, the
above set of equations constitutes a complete model frame-
work. However, it is only in a limited set of cases that
analytical solutions can be found. Otherwise, a numerical
solution must be sought. In this work, all numerical results
are based on COMSOL finite-element calculations, where
Eqs. (6)–(8) are solved subject to the boundary conditions
given in Eqs. (9) and (10).

III. TRIBOVOLTAIC MODEL FOR
STEADY-STATE CURRENT GENERATION

In this section, the two situations in which the sliding
speed is constant in time and varying in time are discussed
in Secs. III A and III B, respectively.

A. Tribovoltaic model current generation due to a
constant-in-time sliding speed

A simple analytical steady-state model for tribovoltaics
can now be formulated by assuming that sliding of the p-
side material against the n-side material leads to a localized
electron-hole pair generation,

Gn = Gp = G̃δ(x), (12)

where G̃ is a function describing the nature of contact
electrification and δ(x) is a delta function in space cen-
tered at the semiconductor interface x = 0. We consider
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(a)

(b)

FIG. 1. (a) A three-dimensional schematic drawing of a tribovoltaics p-n semiconductor interface device. (b) A schematic drawing
of a sinusoidally driven tribovoltaic cycle in a p-n structure invoked by the relative movement of the p layer with respect to the n
layer. The frequency of the sliding f is related to the sliding period T0 and ω0 as f = 1/T0 = ω0/(2π). As the p layer moves relative
to the n layer, electron-hole pairs are generated at the semiconductor interface. The generation rate is a function of the relative speed
between the two layers. Once an electron-hole pair is generated, the electron (hole) moves toward the electrode on the n side (p side).
The tribovoltaic current can be harvested in an external circuit.

that the parameter G̃ can be written as a function of
the sliding speed v (assumed positive) multiplied by a
material-dependent function Tm, i.e.,

G̃ = f (v)Tm, (13)

if charging due to contact electrification is assumed to be
proportional to the sliding speed. The quantity Tm must
be determined from quantum mechanics, electronic band
structure, and molecular-bonding properties [29]. In the
steady state, and in the absence of a bias voltage across the
structure, from Eqs. (2) and (3), the triboelectric currents
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FIG. 2. Electron-hole pair generation at the semiconductor interface due to the sliding of a p-doped semiconductor on a n-doped
semiconductor.

reduce to

dJ T
n

dx
= −qGn = −qG̃δ(x), (14)

dJ T
p

dx
= qGp = qG̃δ(x). (15)

Thus,

∫ x

−∞

dJ T
n

dx
dx = J T

n (x)− J T
n (−∞) = J T

n (x)

=
∫ x

−∞
−qG̃δ(x)dx = −qG̃H(x), (16)

∫ ∞

x

dJ T
p

dx
dx = J T

p (∞)− J T
p (x) = −J T

p (x)

=
∫ ∞

x
qG̃δ(x)dx = qG̃(1 − H(x)), (17)

where the Heaviside function H(x) has been introduced
[H(x) = 1 if x > 0 and H(x) = 0 if x < 0] and J T

n (−∞) =
J T

p (∞) = 0.
Finally, the total current density due to tribovoltaics

generation becomes

J T(x) = J T
n (x)+ J T

p (x)

= −qG̃H(x)+ qG̃(H(x)− 1) = −qG̃, (18)

which is constant (independent of x). Note that in the
absence of an applied voltage, the total current density is
simply equal to J T. The total tribovoltaic current in the
reverse direction is, therefore, I T = J TA = qG̃A, where A
is the cross-section area of the p-n structure, which can be
harvested through an external resistance R.

B. Tribovoltaic model current generation due to a
time-dependent sliding speed

If the sliding speed changes in time, the generation rate
becomes

Gn = Gp = G̃(t)δ(x). (19)

Since the time variation of sliding is slow—say, in the
order of a second—the terms ∂n/∂t and ∂p/∂t on the
left-hand side of the continuity equations are negligible
compared to, e.g., the recombination term n/τn (or p/τp ),
as the latter involves carrier lifetimes τn (τp ) in the range
of one microsecond or less. Hence, the analysis in the
preceding section can be repeated, i.e.,

J T(x, t) = J T
n (x, t)+ J T

p (x, t)

= −qG̃(t)H(x)+ qG̃(t)(H(x)− 1) = −qG̃(t),
(20)

which is independent of x. So the tribovoltaic current den-
sity follows the time dependence of the generation rate.
Again, since the triboelectric-generated carrier concentra-
tions are orders of magnitude smaller than the background
doping concentrations, the electric field can be consid-
ered independent of time in the depletion zone and zero
in the neutral regions. Thus, the electron and hole concen-
trations must follow the same time variation as the electron
and hole current densities, respectively. Detailed numerical
results using COMSOL confirm this behavior.

IV. ENERGY RELEASE FROM BONDING OF
SURFACE ATOMS

Consider two surface atoms in materials A and B,
respectively (see Fig. 3). The use of a one-electron model
allows us to write, for the one-dimensional Hamiltonian of
an electron moving in the combined surface potential of
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FIG. 3. A schematic drawing of the surface states in isolated
materials A (left) and B (right). As materials A and B approach
each other, the surface states begin to overlap and bonding states
are formed. The z axis is oriented perpendicular to the surface
planes. The left and right potentials correspond to VA and VB,
respectively. It is known from the theory of surface states and
empirical tight-binding theory [30] that surface eigenstates decay
exponentially either in a monotonous fashion or oscillating into
the bulk region. Away from the crystal, eigenstates decay in a
monotonous fashion and typically with a stronger decay rate than
into the bulk.

materials A and B,

H = p2
z

2m0
+ VA(z − zA)+ VB(z − zB), (21)

where m0 is the free-electron mass and VA(z − zA) is the
potential centered at z = zA, where the latter defines the
surface position of material A. Similarly, VB(z − zB) is
the potential centered at z = zB, where the latter defines
the surface position of material B. Hence, the surfaces of
materials A and B are in the x-y plane and z denotes the
position of the electron in the direction perpendicular to the
material surfaces. The detailed quantum mechanical the-
ory for computing bonding energies between two different
materials A and B is given in Appendix C.

A. Bonding between similar materials

In the case in which materials A and B are the same
material, we have, with reference to the model details and
parameters in Appendix C,

ψA = ψB,

VA = VB = V,

EA = EB = E, (22)

rAB = rBA = r,

SABA = SBAB = s,

tAAB = tBAA = tBBA = tABB = t,

and the energy eigenvalues in Eq. (C22) become,

E = E ∓ t
1 ∓ r

+ s
1 ∓ r

. (23)

If the overlap r is much smaller than 1 (which, however,
is typically not a good approximation if the two materi-
als are forced atomically close in a tribovoltaic situation),
the latter expression for the bonding-energy eigenvalues
simplifies further, to

E = E ∓ t + s. (24)

It should be emphasized that from empirical tight-binding
theory, it is known that the shift (s) and transfer (t) integrals
are both negative, while the overlap integral r is posi-
tive [31]. Hence, at least one of the bonding states (with
energy E = E + t + s) is energetically below the energy
of a surface electron in an isolated material (Fig. 4). The
formation of such a bond between materials A and B by a
surface electron leads to the release of energy, which may
be used to excite an electron-hole pair of relevance for tri-
bovoltaics. An approximation for the transfer integral t is

FIG. 4. A schematic drawing of the electron energy levels
when two surface atoms in identical materials A and B form a
bond, assuming the overlap integral r � 1 such that Eq. (24)
applies. Note that the shift s and transfer t integrals are both
negative, while the overlap integral r is positive. There is there-
fore always one bonding level with energy E + s + t below the
energy E of a surface electron on the isolated materials A or B. An
electron occupying such a bonding level can lead to the excitation
of an electron-hole pair (tribovoltaics) if the energy difference
E − (E + s + t) = −s − t is larger than the effective band gap
Ec(z = 0)− Ev(z = 0) at the semiconductor interface z = 0.
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to use Harrison’s universal hopping parameters [32,33],

t = −1.32
�2

md2 , (25)

where m is the effective mass and d is the bond length for
the solid.

B. Example: Calculation of bonding energy and
energy release due to surface coupling between two

identical materials

Consider the following parameter values corresponding
to two GaAs surfaces in contact [34, Table 2.3, p. 55]:

t = tAAB = tBAA = tBBA = tABB = Vssσ = −1.79 eV,

r = rAB = rBA = 0.2,

s = sABA = sBAB ≈ rt = −0.358 eV,
(26)

where Vssσ is the interatomic matrix element between two
surface states of S type and the overlap integral r is con-
sidered to be 0.2 (note that the overlap integral value can
be any value between 0 and 1, depending on the distance
between the two surfaces in contact). The energy release in
forming a low-energy bonding state is then

�E ≈ −(t + s) = 2.148 eV,

according to Eq. (24). Hence, the formation of a bonding
state may lead to the excitation of an electron-hole pair,

since 2.148 eV is above the effective band gap Ec(0)−
Ev(0) at the p-n semiconductor interface (the band gap of
bulk GaAs is 1.424 eV). A similar calculation for Si with
Vssσ = −1.93 eV and r = 0.2 leads to an energy release
of 2.316 eV, which is substantially higher than the indi-
rect band gap of Si (1.1 eV). Hence, bond formation may
lead to electron-hole pair generation for two of the most
important p-n–junction materials.

V. CURRENT DENSITY VERSUS SLIDING SPEED:
EXPERIMENTAL DATA AND NUMERICAL

RESULTS

In Fig. 5, experimental data from Ref. [35, Fig. 1] are
reproduced for the short-circuit current as a function of
the sliding speed. It is evident that the current density has
a substantial linear component as a function of the slid-
ing speed but a linear relationship is not exact. Hence, the
choice of a general function f (v) to describe the relation-
ship between the sliding speed and the current density is
better justified than just assuming a linear dependence.

In the numerical calculations that follow, we use the data
in Table I and, for simplicity, assume that the electron-hole
pair-generation rate is a linear function of the sliding speed
G = Gn = Gp = f (v)Tm = γ vTm.

In Fig. 6, the quasi-Fermi levels and the carrier den-
sities are plotted as a function of position for three val-
ues of the sliding speed: v = 0, v = 0.01 m/s, and v =
0.1 m/s. Note that the changes in carrier densities due to

(a)

(b) (c)

FIG. 5. Experimental data for the short-circuit current density versus the sliding speed. The data are from Ref. [35, Fig. 1]. (a) The
measurement setup. (b) The short-circuit current (Isc) as a function of time. (c) An enlargement of the short-circuit current versus the
sliding speed for the four stages 1–4.
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(a) (b)

(c) (d)

FIG. 6. (a),(b) The electron and hole quasi-Fermi energies as a function of position (GaAs). The generation rates Gn and Gp are
assumed to be linear functions of the sliding speed. (c),(d) The electron and hole carrier concentrations as a function of position. The
left-hand plots [(a) and (c)] correspond to a zero sliding speed. The right-hand plots [(b) and (d)] show the same but for two different
sliding speeds. The parameter values are as follows: γ = 1 × 105 m−1, a = 5.64 × 10−10 m, η̃eh pair = 1, and κ = 2. The results are
obtained numerically in COMSOL by solving the full set of drift-diffusion equations [Eqs. (6)–(8)] and boundary conditions [Eqs. (9)
and (10)], using the parameter values listed in Table I. Note that the numerical results correspond to boundary positions xR = −xL = L.

electron-hole pair generation are negligibly small com-
pared to the background doping concentrations of
1015 cm−3.

In Fig. 7, the electron and hole current densities are plot-
ted as a function of position for a sliding speed of 0.01
m/s. The numerical results confirm that the current den-
sity J (x) = Jn(x)+ Jp(x) is independent of position and
nonzero due to sliding-induced electron-hole pair genera-
tion at the p-n semiconductor interface.

In Fig. 8, the generated current density is shown as a
function of the sliding speed v for different γ values.

VI. GENERATION OF ELECTRON-HOLE PAIRS
DUE TO SLIDING

In this section, we shall attempt to make a model for
the generation rate of an electron-hole pair due to the slid-
ing of two materials against one another. Let us assume
that the energy released by a surface electron in forming a
bond between two materials can lead to several processes

(denoted X ), each characterized by an efficiency ηX , i.e.,

1 = ηkin,e + ηkin,h + ηphoton + ηphonon + ηeh pair + . . . .
(27)

where ηkin,e (ηkin,h) is the probability that the energy
released in forming the bond adds to the kinetic energy
of another electron (hole), ηphoton (ηphonon) is the probabil-
ity that the energy released leads to emission of a photon
(phonon), and ηeh pair is the probability that the energy
released is used to create an electron-hole pair. It is the
latter process that contributes to the tribovoltaic effect. If
the energy released in forming a bond, EA − E (or EB − E)
is larger than the effective band gap (Eeff

g = Ec(z = 0)−
Ev(z = 0)) at the interface (z = 0) between materials A
and B, an electron-hole pair excitation at the interface is
energetically allowed. Hence, we can write

ηeh pair = η̃eh pairH [EB(A) − E − (Ec(z = 0)− Ev(z = 0))],
(28)

013009-7
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(a) (b)

FIG. 7. The current density as a function of position calculated numerically for a sliding speed of 0.01 m/s (GaAs). (a) Current
densities Jn and Jp as a function of position. (b) The total current density, J = Jn + Jp , as a function of position. The parameter values
are as follows: γ = 1 × 105 m−1, a = 5.64 × 10−10 m, η̃eh pair = 1, and κ = 2. The results are obtained numerically in COMSOL by
solving the full set of drift-diffusion equations [Eqs. (6)–(8)] and boundary conditions [Eqs. (9) and (10)], using the parameter values
listed in Table I. Note that the numerical results correspond to boundary positions xR = −xL = L.

where H [·] is the Heaviside function. The introduction
of the Heaviside function ensures that electron-hole pair
generation is possible only if it is energetically allowed.

The total number of generated electron-hole pairs per
volume per unit time due to bonding between two materials
can now be written as

Neh pair = Nsurface atoms × Pbond × ηeh pair × δ(x), (29)

Neh pair = G = G̃δ(x), (30)

FIG. 8. The calculated current density as a function of the slid-
ing speed (GaAs). The current density at a sliding speed of 0.01
m/s is shown in the inset table for different γ parameters. Other
parameters are as follows: a = 5.64 × 10−10 m, η̃eh pair = 1, and
κ = 2. The results are obtained numerically in COMSOL by solv-
ing the full set of drift-diffusion equations [Eqs. (6)–(8)] and
boundary conditions [Eqs. (9) and (10)], using the parameter
values listed in Table I.

where Nsurface atoms is the number of surface-atom pairs
per unit area formed between material A and B, which,
assuming nearest-neighbor couplings only, is equal to the
number of surface atoms on material A (or material B).
Pbond is the probability per unit time per surface atom in
material A to form a bond with a B surface atom due to
sliding, which we model as

Pbond = f (v), (31)

where f is a function that depends on the sliding speed
v between the two materials. The most general model
is to consider f to be a general function of the slid-
ing speed v. Mathematically, assuming the electron-hole
pair generation to be a smooth function of the sliding
speed, f (v) can be represented by a Taylor series in v.
Hence, at low sliding speeds the linear term dominates,
while at higher sliding speeds higher-order terms of f (v)
begin to contribute. This behavior is indeed justified by
the experimental results in Ref. [35], shown in Fig. 5: at
low sliding speeds, the current increases in an approxi-
mately linear fashion. As the sliding speed increases, the
experimental results in Fig. 5 reveal that current satura-
tion gradually sets in. While the precise physical details
behind the function f (v) in general, and the saturation
phenomenon in particular, are unknown and beyond the
scope of the present work, we attribute the current satura-
tion effect to the build-up of an opposing Coulomb field
due to the generated carriers as well as an increase in
carrier recombination as the electron-hole pair-generation
rate increases.

To simplify the analysis and case study below, we now
choose to approximate the function f (v) by the first linear
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(a)

(b)

(c)

FIG. 9. (a),(c) For (a) a specified sinusoidal time dependence of the sliding velocity, (c) the calculated time-dependent plot of the
positive current density for GaAs. (b) The absolute value of the sliding speed. The results are obtained numerically in COMSOL by
solving the full set of drift-diffusion equations [Eqs. (6)–(8)] and boundary conditions [Eqs. (9) and (10)], using the parameter values
listed in Table I.

term in its expansion, since this term dominates at low
sliding speeds.

If the two materials are assumed to have simple cubic
lattices, the number of surface atoms per unit area for each
material, Nsurface atoms, can be approximated as κ/Au.c. =
κ/a2, where κ is a crystal structure factor equal to 1 for the
simple cubic lattice, Au.c. is the surface area of one facet
of the unit cell (in material A, the facet that fronts the sur-
face of material B), and a is the lattice constant (assumed
to be the same for the two materials). Generally, for cubic
lattices,

κ =
1, simple cubic lattice,
1, body-centered cubic lattice,
2, face-centered cubic lattice.

(32)

Combining the above equations, Eqs. (28)–(31), with
Eq. (13) gives an expression for the functions Tm and G̃,

Tm = κ/a2 × η̃eh pair

× H [EB(A) − E − (Ec(z = 0)− Ev(z = 0))],

G̃ = f (v)Tm, (33)

that appears in the equation for the electron-hole pair-
generation rate G in the transport equations. We note that

EB(A) − E is the energy release due to bonding that was cal-
culated in Sec. V and Ec(z = 0)− Ev(z = 0) is the effec-
tive band gap at z = 0. The latter can be calculated, e.g.,
by using the k · p method [36], to solve the drift-diffusion
equations for a p-n structure of known semiconductor
materials. Finally, we note that the unknown parameters
0 ≤ η̃eh pair ≤ 1 and γ must be determined experimentally.

Observe that the analytical result for the current density,
assuming a linear relationship between the current density
and the sliding velocity and using the data in Table I, is, in
the case of GaAs,

J T = −qG̃ = −qf (v)Tm = −qγ vTm = −qγ v
κ

a2 η̃eh pair

= −1.602 × 10−19 × 1 × 105 × 0.01

× 2
(5.64 × 10−10)2

× 1

= −1007 A/m2, (34)

which is in perfect agreement with the numerical result in
Fig. 7. The inset table in Fig. 8 shows the current density
for different γ values.

A time-dependent COMSOL calculation of the nonlin-
ear drift-diffusion equations has also been carried out,
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assuming that the sliding speed is a sinusoidal func-
tion of time. Figure 9 reveals that, indeed, the cur-
rent density follows the exact same time dependence
as the sliding speed [calculated as the absolute value
of the sliding velocity—compare Figs. 9(b) and 9(c)].
This numerical result supports the analytical finding in
Sec. III B.

In addition to the above findings for the tribovoltaic
current density as a function of the sliding speed, it is
relevant to mention that the experimental results show a
nearly linear increase in the short-circuit current versus the
applied pressure [35, Fig. 10(b)]. The microscopic expla-
nation behind this phenomenon is that the application of an
external pressure increases the chance of carrier excitation
through bond formation [35,37–39].

VII. CONCLUSIONS

A simple theory of tribovoltaics has been proposed
based on the generation of electron-hole pairs when bonds
are formed at the sliding surfaces. An estimate of the
released energy in forming bonds at the surface has been
formulated by solving a quantum mechanical two-potential
problem. The formation of a bond may lead to the excita-
tion of electron-hole pairs if the bonding-released energy
is higher than the effective band gap at the semiconduc-
tor interface. An expression for the generation rate has
been proposed to model tribovoltaic current transport in
a p-n–doped semiconductor structure by solving the drift-
diffusion equations supplemented by boundary and initial
conditions. It has been shown analytically, and verified
numerically using the COMSOL finite-element-method soft-
ware, that the current density and carrier densities follow
the time dependence of the sliding speed as long as the
generated carrier concentrations are small compared to the
background doping concentration.
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APPENDIX A: DEPLETION REGION
ASSUMPTION

It is usual to propose analytically solvable models by
assuming a depletion region near the p-n semiconduc-
tor interface and steady-state conditions. Here, we briefly
outline the standard result about p-n structures, the approx-
imation of a depletion zone, and the current density as
a function of the applied bias voltage. The p-n semicon-
ductor interface is located at x = 0, with the p side to the

left and the n side to the right of the semiconductor inter-
face. Electrons from the n side diffuse to the p side, where
they recombine with holes, and vice versa. The assumption
is that from x = −xp to x = xn (the depletion region), all
mobile carriers (electrons and holes) recombine such that
the charge density is −qNA on the p side (from −xp to 0)
and qND on the n side (from 0 to xn). Then, the Poisson
equation can be solved for the electric field:

E(x) = −dφ
dx

= −qNA(x + xp)

ε
, for − xp ≤ x < 0,

(A1)

E(x) = qND(x − xn)

ε
, for 0 < x ≤ xn. (A2)

The recombination rate of minority carriers is modeled
as [40]

Rp = pn − pn0

τp
, (A3)

Rn = np − np0

τn
. (A4)

Neglecting carrier generation,

Gp = Gn = 0, (A5)

the electron and hole continuity equations [Eqs. (7)
and (8)] become, in the neutral regions outside the deple-
tion region,

d2pn

dx2 − pn − pn0

Dpτp
= 0, n side, (A6)

d2np

dx2 − np − np0

Dnτn
= 0, p side. (A7)

The latter differential equations supplemented by the stan-
dard boundary conditions,

pn(x = xR) ≈ pn(x = ∞) = pn0, (A8)

pn(xn) = pn0e
qVapl
kBT , (A9)

np(x = xL) ≈ np(x = −∞) = np0, (A10)

np(−xp) = np0e
qVapl
kBT , (A11)

can be solved to yield, for the current densities,

Jp(xn) = −qDp
dpn

dx
‖xn = qDppn0√

Dpτp

(
e

qVapl
kBT − 1

)
,

(A12)

Jn(−xp) = qDn
dnp

dx
‖−xp = qDnnp0√

Dnτn

(
e

qVapl
kBT − 1

)
.

(A13)
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Since the electron and hole current densities Jn and Jp are
assumed to be constants in the depletion region, where car-
riers are neither generated nor recombined, the total current
density becomes

J = Jp(xn)+ Jn(−xp) = Js

(
e

qVapl
kBT − 1

)
, (A14)

Js = qDppn0√
Dpτp

+ qDnnp0√
Dnτn

, (A15)

where Js is the saturation current density. Note that in the
absence of an applied voltage, the total current density

vanishes, since the generation rate is assumed to be zero
everywhere in the structure.

APPENDIX B: BOUNDARY AND INITIAL
CONDITIONS

The drift-diffusion equations [Eqs. (6)–(8)] are solved
numerically in COMSOL using the parameters in Table I
subject to the boundary conditions given by Eqs. (9)
and (10) where the applied voltage Vapl is fixed to zero.
For the case of a time-dependent sliding speed, v =
vm sin(ω0t), the initial conditions are chosen to corre-
spond to the steady-state case in the absence of sliding
excitation.

TABLE I. The table of parameters for GaAs [41] used in the numerical solution of the drift-diffusion equations.

Parameters Expression Description

L 5 (μm) Length of the model
XL −L p-n junction left boundary (p side)
XR L p-n junction right boundary (n side)
A 4 × 10−12 (m2) Cross-section area of the model
κ 2 Crystal structure factor
α 5.64 (Å) Lattice constant
ηeh pair 1 Probability of electron-hole pair generation

Tm
κ

a2 ηeh pair Material-dependent function

μn 8500 [cm2/(V s)] Electron mobility
μp 400 [cm2/(V s)] Hole mobility
T 300 (K) Temperature
kB 1.38 × 10−23 (J/K) Boltzmann’s constant
q 1.6 × 10−19 (C) Unit charge
Na 1015 (1/cm3) Acceptor concentration
Nd 1015 (1/cm3) Donor concentration
εr 12.9 Relative dielectric constant
Eg0 1.424 (eV) Band gap
χ0 4.07 (eV) Electron affinity
ni 1 × 106 (1/cm3) Intrinsic carrier concentration

Nc nie
Eg0
2kBT Conduction-band density of states

Nv nie
Eg0
2kBT Valence-band density of states

τ n 10−8 (s) Electron lifetime
τ p 10−8 (s) Hole lifetime

Dn
kBT

q
μn Electron diffusion coefficient

Dp
kBT

q
μp Hole diffusion coefficient

σ L/100 Gaussian-function standard deviation

δ(x) ≈ 1√
2πσ 2

e− x2

2σ2 Gaussian-distribution description of Dirac delta function
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APPENDIX C: ENERGY RELEASE DUE TO
BONDING FORMATION

Consider two surface atoms in materials A and B,
respectively. The use of a one-electron model allows us to
write, for the one-dimensional Hamiltonian of an electron
moving in the combined surface potential of materials A
and B,

H = p2
z

2m0
+ VA(z − zA)+ VB(z − zB), (C1)

where m0 is the free-electron mass and VA(z − zA) is the
potential centered at z = zA, where the latter defines the
surface position of material A. Similarly, VB(z − zB) is the
potential centered at z = zB, where the latter defines the
surface position of material B. Hence, the surfaces of mate-
rials A and B are in the x-y plane and z denotes the position
of the electron in the direction perpendicular to the material
surfaces.

Let us introduce the isolated material Hamiltonians,

HA = p2
z

2m0
+ VA(z − zA), (C2)

HB = p2
z

2m0
+ VB(z − zB), (C3)

HA|ψA〉 = EA|ψA〉, (C4)

HB|ψB〉 = EB|ψB〉, (C5)

and write, for the total wave function describing a bonding
state of an electron shared between materials A and B,

H |ψ〉 = E |ψ〉, (C6)

|ψ〉 = α|ψA〉 + β|ψB〉, (C7)

where the latter expression can be written out as

ψ(z) = αψA(z − zA)+ βψB(z − zB). (C8)

Above, EA (EB) are the energies of an electron bound to
the isolated surface of material A (B), E is the energy of
an electron shared between materials A and B, and α and β
are coefficients to be determined. The corresponding wave
functions are |ψA〉 and |ψB〉 for the isolated materials and
|ψ〉 for an electron shared between materials A and B. Note
that

H = HA + VB(z − zB) = HB + VA(z − zA). (C9)

In order to determine the energy E of a shared electron, we
use Eqs. (C8) and (C9) and compute the matrix element
formed by multiplying with 〈ψA(z − zA)| from the left on
H |ψ(z)〉,

〈ψA(z − zA)|H |ψ(z)〉 = α〈ψA(z − zA)|H |ψA(z − zA)〉 + β〈ψA(z − zA)|H |ψB(z − zB)〉
= α〈ψA(z − zA)|HA|ψA(z − zA)〉 + α〈ψA(z − zA)|VB(z − zB)|ψA(z − zA)〉
+ β〈ψA(z − zA)|HB|ψB(z − zB)〉 + β〈ψA(z − zA)|VA(z − zA)|ψB(z − zB)〉
= αEA + αsABA + βEBrAB + βtAAB = Eα + EβrAB, (C10)

where, in the third step, the overlap integrals,

sABA = 〈ψA(z − zA)|VB(z − zB)|ψA(z − zA)〉, (C11)

tAAB = 〈ψA(z − zA)|VA(z − zA)|ψB(z − zB)〉, (C12)

rAB = 〈ψA(z − zA)|ψB(z − zB)〉, (C13)

have been introduced, and in the fourth step, Eq. (C6) has been used. From the latter expression in Eq. (C10), collecting
terms proportional to α and β yields

α (EA + sABA − E)+ β (EBrAB + tAAB − ErAB) = 0. (C14)

The other matrix element to be computed is formed by multiplying with 〈ψB(z − zB)| from the left on H |ψ(z)〉,

〈ψB(z − zB)|H |ψ(z)〉 = α〈ψB(z − zB)|H |ψA(z − zA)〉 + β〈ψB(z − zB)|H |ψB(z − zB)〉
= α〈ψB(z − zB)|HA|ψA(z − zA)〉 + α〈ψB(z − zB)|VB(z − zB)|ψA(z − zA)〉
+ β〈ψB(z − zB)|HB|ψB(z − zB)〉 + β〈ψB(z − zB)|VA(z − zA)|ψB(z − zB)〉
= αEArBA + αtBBA + βEB + βsBAB = EαrBA + Eβ, (C15)
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where, in the third step, the overlap integrals,

sBAB = 〈ψB(z − zB)|VA(z − zA)|ψB(z − zB)〉, (C16)

tBBA = 〈ψB(z − zB)|VB(z − zB)|ψA(z − zA)〉, (C17)

rBA = 〈ψB(z − zB)|ψA(z − zA)〉, (C18)

and, in the fourth step, Eq. (C6), have been used. From the
latter expression, collecting terms proportional to α and β
yields

α (EArBA + tBBA − ErBA)+ β (EB + sBAB − E) = 0.
(C19)

Equations (C14) and (C19) can be written as a 2 × 2 matrix
equation in the coefficients α and β:
[

EA + sABA − E rAB (EB − E)+ tAAB
rBA (EA − E)+ tBBA EB + sBAB − E

] [
α

β

]
=

[
0
0

]
.

(C20)

Solving the determinental equation for E corresponding to
Eq. (C20),

K0E2 + K1E + K2 = 0,

K0 = 1 − rABrBA,

K1 = rABrBA (EA + EB)+ rBAtAAB + rABtBBA

− (EA + EB + SABA + SBAB) ,

K2 = (EA + SABA) (EB + SBAB)

− rABrBAEAEB − tAABrBAEA − tBBArABEB − tAABtBBA,
(C21)

gives the possible eigenvalues for a bonding electron,

E =
−K1 ±

√
K2

1 − 4K0K2

2K0
. (C22)

Note that since the potentials VA and VB are real, and
the wave functions |ψA〉, |ψB〉 can be chosen real, the
following identities hold:

rBA = r∗
BA = rAB,

tAAB = t∗AAB = tBAA,

sABA = s∗
ABA,

tBBA = t∗BBA = tABB,

sBAB = s∗
BAB.
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